I\\W“r\ 33% Hourvwow(c Wj»&m‘s Wee K 1%

SO ‘SOL\“; (J;O\ssl‘ﬁ Cm,‘),‘I,Ohg 0§ @/ﬂlfém Co [wfmjt S 55%0045
LWL{’CIT are ol Poss{[o&z Leredaes blee T

Tool.mz ' oluou(»osi{{om 0§ Colw/w\{' s%sllumg wto extromec

[Rapresed«)rlou\ o5 a g'\vu\ sadou\ as & merTure \

waﬂoz}‘csz
i. 1\!\ FOM;U' O&MO%Zs | A.Lwh«{wst')'&)u\ O'F A 8%\164/' ‘{w.u{'&oo.
. b COC
AL & COV'\(M‘-‘A}COIA 0(: e,

o T cepusadebion Hhaoty Moampesihon 0% o gt eprecabiin
S A ol)\mojr Sumy  of 'crmlu\c,‘.lolo reprc:en’fa.ﬁbug

5. I.V‘ fw«L’JW\ l\»o»')f LO( ‘)l«ﬁi)f‘a'. 4’(“1;% for o gwu\ .u«vmiom‘l g bly
Ha o of tryenislues (= deomposition 1o o wpedion ~orbits)



EX&M‘)& { * Porsson - Dicichlet Licteibution
Recoll Paﬂlijrijn‘ou\ ctonctures 05 Wl 3 ,SMl& 3-22.

TL.LB oA e SUVuUACQ,& 0‘§ (‘owo(pw\ g(,‘[* Pmr'l';'l‘(oo\g of &i,.. l/\'k

L PN N — —
JL\ &— JLzé’ﬁ\.Sé’s\\'q <

LR ]

With the fow of T, [se,m% S() - variant ol
'WJJQ.(A“LO»\ :R\,\—ﬁx\\v\-\ Lb\wb "&ot%b'['\"twes" 0¥ n,

W( A/\\SC;/LSSQ* ‘Hxai Q-'X'h‘ L Sd‘ Pour'l“t’l‘wu\s e ‘Dwram‘fui }J\

52 cL'?/ J‘27/-- vo } 5; ‘Li S4 LASaMp'l‘o‘Hc_ a2Ls 04 books o(,wwlzo( L(]q

HU‘Q s v not Uy\'tVUMQ Paurjriﬁou\ ﬁr»&ﬂ "

Take I, = C/‘atILS LA Kvl‘iofw@a rodlom 0 € S(Vb [vivah ag sete]
L&,oqb%, ths s Mg to o wheradt  sastem.



DeSiwtion: The Poiscon - Dividiled  Lishribubion 6 tae Loww
o  whiwde (ﬁh«l—ow\ suv\w.\w J\|7/ (“27/-- 0 , 28 <4 '30"”'471
‘}‘q Alwu«‘wsl'hou 05‘ T\v\ =C3¢h5 ot TXWE ST S(u\ l.u\'l\b u{r(,m sadu..g
’ E(“auuc_ j.meMQZ‘{'CoM"

Thorew 4 ° Vhe P-D dearcbudion  ou be obtorued. "HurouzL
+he S - L“LO\.K( prowss CoFor W =l wafon ow Lo\

(oL,z&zz,.) = wao!.wlu«b (UL&) (\-U\D W | (\-u,)(\-l@) 11\5,,_“}
Talle o shick , breall it ot & fowdown Poiu\Jr

—o u —> 0 |

V\u,p e LSt owe  pwd break Yo rigqu 0w oouy

| 0 0 4 > | o o ) Y )

BTMK the F\OH“ OnQ 0(80\;'/\) el



ProoQ 0§ Tl/«.wwv\ j_ ’ TO\V\Q M'(‘Of“«[«a comdowr  § & S
wh b S G be it &1«8%\3 ot * cycls

Freccce 47 TaMe =y, Fud o law of S 2 F
As a Ptol;oxlnibi-\a Lictribution on (iou\ux Ml‘o\mg with 4 Boxe.sj e E

U,Ouw\i RO\\JD\M i?c&;]x-— %OVMVV\M—B hcow‘wsxjr\om L\AS Hap
L eOUW of K\W\ Ve,ocotm (-Ch—>

\Nz Lo wt P o peoot, M s 1 becamge  Sor oxtrewe weaswis |
- 'HMQ \$ PfLugJ'a Jrlw Kwown ?AM’ 0'(: WK MMWS

(onclusion: T == bt o () ericks auk it
rowuw,  To Ihd‘\ﬂ'\a ot vt Ho s‘rtck-\oru\kiwb PrOWSS

H‘ s hotd Yo work with \mo(oblu\ (%‘;—\ = QL'\’IS .ow‘]‘fox«t( OWLM"

———




Giyw §¢ik with 20N, we define ke vector (q, Oy, )
‘“M‘ 0‘*8['\ N Cotndgun frowl-wft'- [N’\) ( uvwlrcmv\’( € 2027.. QJ

e&‘-ﬂ')"g’ | )
® "‘3’-.-. C’H. WI'H/\ l.,j_ CJ,«.OSQ,\,\ wtﬂ/\ FI‘OL&&.‘)(&{‘(Z -CELJ'
[ $r0, 2% =4 Thas, they defive o probabily delribadin

o Reweove Ciy fom 4G Y awk rqm‘} e some procedace
. , . 1 G
fot =i, iy s clos wih probability =

L2 v n-c:
) E+C ): i.;zi, CCT& -3 l
As o “LS“L]\, (Ci,rz,--) s A fandow ru)ro(o/r{wé of gcik
’QD\AWM X PTO\D( Q_=\(> - %{ , ot ald K=42, -, N

Proot 0% dawm:  Tha Q,ow 0§ T, w5 th s ae the fow of
Ll (u\ajclf\ 04 Uaub; w5 owidh  Contarng A
[Btw\msc proko&\/e)\‘ils ie %Jﬂ. Ci fe hre ciscf/a C‘/v\l

8



Peob (VL=K)=— ‘%‘\’ | {Pumjrﬁ;;s \‘zijcl\ %JL AN lwwtwb}

= . (V\‘\B . (K-‘\)\‘.\\ . (V\-K) I S Our\o'\’\'fomz Puw%o\‘kou Ou'}sih C&O&

A\ &-d
: ¢ e
0\/«0052 ﬁﬁ’mjrs L\ 030& oeler e

2\
\ (“ \) _ .(\,(-\)\. (v\-\/\)\‘ — %‘\'—-

—

! (=) (w-w)
We wow fiwmshe the prot of Theorewm 14 lost do;,

lwv'{}bs “{'lwcl‘ S%'\‘ —> Wy "~ (LV;\'&'OWW\Y/O\ D) as n-aes .
COMH-'\OM-( On {Qﬂ&\j -“n.m puw‘l*oﬂ‘(w 0u+sih the K-(?Jx
1S o \,\\Mow«% ondoun et of- S(u-%), Hewe,
ukibioned Luct 0F 0, qven T Ts ompubed by te

Sommd ()(.O\,Aw\ .;\‘:-Z:F- — U\,Lmuwf&o(wio,\] o Thequbore,
Rk

Hu\uz )




Potsson- Dirich lot A)sjﬂi\rm\‘(om is o tumeriloble obied wa

Pm(oodo’\bi‘é. Cone  Furtler NN’U"%'-

& terrytao.wordpress.com

The Poisson-Dirichlet

process, and large prime

factors of a random number

) in expository, math.CO, math.NT Dickman's function, permutations

point processes, Poisson-Dirichlet process

‘W .\Lw \ma TOLO

The Annals of

prime numbers

Probability

1997, Vol. 25, No. 2, 855-900

L- [Pt O\\ML{TE(_
WAU}UC\'(OV\

THE TWO-PARAMETER POISSON-DIRICHLET
DISTRIBUTION DERIVED FROM
A STABLE SUBORDINATOR!

By JiM PITMAN AND MARC YOR
University of California, Berkeley

The two-parameter Poisson-Dirichlet distribution, denoted PD(«, 0),
is a probability distribution on the set of decreasing positive sequences with
sum 1. The usual Poisson-Dirichlet distribution with a single parameter
0, introduced by Kingman, is PD(0, 6). Known properties of PD(0, ), in-
cluding the Markov chain description due to Vershik, Shmidt and Ignatov,
are generalized to the two-parameter case. The size-biased random permu-
tation of PD(«, 0) is a simple residual allocation model proposed by Engen
in the context of species diversity, and rediscovered by Perman and the au-
thors in the study of excursions of Brownian motion and Bessel processes.
For 0 < a <1, PD(e, 0) is the asymptotic distribution of ranked lengths
of excursions of a Markov chain away from a state whose recurrence time
distribution is in the domain of attraction of a stable law of index «. For-
mulae in this case trace back to work of Darling, Lamperti and Wendel
in the 1950s and 1960s. The distribution of ranked lengths of excursions
of a one-dimensional Brownian motion is PD(1/2,0), and the correspond-
ing distribution for a Brownian bridge is PD(1/2,1/2). The PD(«a, 0) and
PD(a, @) distributions admit a similar interpretation in terms of the ranked
lengths of excursions of a semistable Markov process whose zero set is the
range of a stable subordinator of index a.

JOURNAL ARTICLE

Random Discrete
Distributions

J. F. C. Kingman

Journal of the Royal
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